The determination of the class of functions that operate in (SI, &) for other special families may be found in refernces [3] - [8] . Our goal here is to extend the results of [5, 6] and, at the same time, to obtain a new derivation of the results recently announced in [3] .
G will denote a locally compact Abelian group and B + (G) the family of continuous, complex-valued, nonnegative-definite functions on G. Let In the case where G is the real line 
where c ^ 0 and
with 1 We denote the identity element of G by e. Proof of Lemma 1. Since (A(s, £)) 1/fc is to be a generating function with nonnegative coefficients we must have fc(0, 0) = δ o , o > 0. For suitable ε > 0 we then have
Clearly k Qt0 < 0; we want to prove that all of the remaining coefficients k n>m are nonnegative. Assume on the contrary that
Let (n 0 , m 0 ) be a minimal element in this set (under the usual partial A NOTE ON FUNCTIONS WHICH OPERATE 299 ordering in the plane). We then write
It is easily seen that the
But this coefficient is of the form where σ is a polynomial. For N sufficiently large this coefficient has the sign of K 0>mQ which provides a contradiction. Thus k OiQ < 0 and
Proof of Theorem 1. By setting F(z) = (l/s)F(rz) we may assume that
llk operates in ΦJJ3) for each integer k, k ^ 1. Thus from [5] with a n>m (k) ^ 0 and Σ a n>m (k) = 1 .
By virtue of Lemma 1 the proof is complete.
LEMMA 2. // G has elements of arbitrarily high order then F operates in Φ λ {G) implies that for any r, 0 < r < oo Proof. We begin by observing that 
Ψ(z, w) = a + βz + ΊW + \ (~[1 -exp -(sz + tw)]μ(ds, dt)

Jo Jo
where a, β, 7 and μ have the desired properties.
We proceed now to give the connection between Theorem 2 and the results announced in [3] . DEFINITION . A continuous complex-valued function defined on a locally compact Abelian group G is said to negative definite if i 3=1 for any complex numbers {αj, any {x { } £ G and for n = 1, 2, •••. The class of such functions is denoted by N(G)' It was already noticed by Beurling and Deny [1] 
that N(G) --ΦJJJ)
. 2 We include a brief proof for the reader's convenience. LEMMA 
A continuous, complex-valued, function f on G is negative definitely if and only if exp (-/) is the Fourier transform of an infinitely divisible distribution on G.
Proof. (Necessity) By Bochner's theorem it suffices to show that exp( -(l/n)f) is a positive definite function on G for n = 1, 2, •••. Since (l/n)f is a negative definite function it suffices to check that exp( -/) is positive definite. Now
But the matrix
is the limit of positive linear combinations of "element-wise" products of positive definite matrices. Since such products are again positive definite by Schur's theorem [9] we see that exp(-/) is indeed positive definite.
(Sufficiency) By DeFinetti's theorem and the fact that N(G) is closed under pointwise limits it suffices to show that 1 -φ e N(G) for φ e ΦJJJ). We must therefore show To prove (**) we first set φ{x) = χ{x) where χ is a character of G noting that (**) becomes For general φ we need only observe that by Bochner's theorem φ is in the closure of the convex hull spanned by the characters of G.
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